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Functional analysis — part 24

Let X be a complex Banach space and
T: X—> X be a bounded linear operator.

A€ G(T) <:> (T — 7\> not invertible

Finite—dimensional example: X = (]:n / T x
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o &, = (4,0, 0,..) is an eigenvector with eigenvalue A,

e &, = (0,4, 0,..) is an eigenvector with eigenvalue A,

= 7@ 2 {1 = G0

=> T—/« is injective
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Proof: Assume T—/« is surjecTive = T—/“‘ is bijective => (T-/“) bounded
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